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Coherence Reduction of the Measurement Matrix in Microwave
Computational Imaging by Introducing Polarization Diversity

Jian Guan, Chang Chen, and Weidong Chen*

Abstract—For microwave computational imaging (MCI), the reduction of measurement matrix’s
coherences permits better reconstruction performance. Therefore, frequency diverse apertures (FDAs)
have become a major option of antennas for MCI due to thier frequency-varying radiation patterns. The
frequency diversity in the patterns reduces coherences; however, the losses in practical materials and
the finite sizes of apertures impose upper limits on frequency diversity. For further coherence reduction,
the polarization diversity (PD) of aperture elements is as a new approach introduced in this paper.
We present an electromagnetic formulation of scattering aperture elements’ PD. In the formulation,
the PD brings an additional degree of freedom in the generation of the measurement matrix, given the
apertures being illuminated with varying polarizations. This new degree of freedom enables a potential of
reducing the coherences. Two complementary electric-field-coupled (cELC) scattering apertures, which
differentiate in the polarizations of elements, are fabricated for validation. A set of comparisons yielded
by the near-field scanning data of these apertures shows that the PD effectively reduces coherences and
improves reconstruction performance.

1. INTRODUCTION

MCI is a new microwave imaging paradigm that retrieves probed objects’ spatial information via a set
of indirect measurements generated by the radiated fields of antennas. The measurements transfer the
burden of reconstruction from beam formation in conventional microwave imaging to modelling and
post processing in MCI [1]. The additional flexibility gives a great advantage of simplifying hardware
complexity and getting rid of mechanical movements [2]. Therefore, MCI has become a research focus
in the field of microwave imaging in recent years.

Basically, MCI shares the same model with inverse scattering imaging, considering the combination
of the electric-field integral equation and the reciprocity of receiving antennas [3]. Under the first-order
Born approximation, MCI solves a linear Fredholm integral equation of the first kind (i.e., a linear
integral operator), of which the integral kernel is composed of the measurements [4]. The integral
operator transforms scene information from the object space to the measurement space [5]. Since the
reconstruction is to inverse the transformation, the measurements plays an important role in determining
imaging performance. In discrete form, the Fredholm integral equation leads to a matrix equation, in
which the coefficient matrix, usually noted as the measurement matrix or the sensing matrix, is composed
of the measurements in discrete form. It is worth mentioning that, as a finite-dimensional duplicate,
the measurement matrix shares the same properties with the integral operator. For convenience in
expression, the matrix form is preferred.

As with other typical inverse problems, insufficient bases spanning the measurement space result
in the ill-posedness which impedes the reconstruction of objects, thus making the number of the
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measurement bases a critical factor. In [5], a positive relationship between spatial resolution and
the number of independent measurements in a MCI system is presented. Obviously, reducing the
mutual coherences in the measurement matrix is a necessary condition to enlarge the number of the
bases. High coherences imply that there are massive redundant measurements applying to the object
with tiny differences, occupying the amount of measurement energy but bringing very few information.
In addition, some researchers also related coherences to the maximum sidelobe level of the imaging
system [6]. Therefore, reducing the mutual coherences in the measurement matrix has become a key
challenge for the design of a MCI system.

Since the measurements are implemented by radiated fields, the antennas determine the coherence
level of the measurement matrix. FDA with frequency-diverse radiation patterns is first proposed
to generate low-coherent measurements required by MCI [7–9]. For a MCI system with a FDA, a
set of measurements is performed by a frequency sweep, encoding the spatial information into the
S-parameters via the “quasi-random” radiation patterns generated by the aperture, of which the
elements are configured with random resonant frequencies. The frequency sweep immensely simplifies
the complexity in the implementation of measurements, and the frequency diversity of the radiation
patterns effectively reduces the mutual coherences in the measurement matrix, thus making FDA a
major option of antennas for MCI.

For FDA, the frequency diversity of radiation patterns is determined by the frequency diversity
of element excitations. In addition to the random configuration of element resonant frequencies, most
FDAs also introduce randomness or chaos into the resonant cavities, such as the mode-mixing cavity
structure [10] and the printed metasurface with subwavelength metallic cylinders in the cavity [11].
The stationary waves perturbed in the cavities stimulate the elements, leading to randomized or
diversified excitations. The introduced frequency diversity of the cavity modes shares responsibility
for the generation of radiation diversity together with the elements. FDA achieves a proper balance
between the coherence reduction and hardware complexity; however, the excitation diversity requires
sharp and sensitive frequency responses, which makes high quality (Q) factors a necessary condition for
the coherence reduction [12]. This leads to an arduous pursuit of high Q factors due to its difficulty in
implementation with limited aperture sizes and practical lossy materials. New approaches that bring
diversity in the excitations of aperture elements are therefore much needed.

The emergence of dynamic metasurface, in 2015, which is composed of radiating elements mounted
with electric reconfigurable components, offers another option for MCI [13]. Dynamic apertures
enlarge the diversity by controlling the voltage applied to the reconfigurable components, which
makes the radiating status of the elements vary accordingly, and thus results in a set of encoded
reconfigurable radiation patterns. The dynamic apertures possess great advantages in radiation diversity
due to the tremendous degrees of freedom in aperture configurations, however at the expense of an
additional complexity of the reconfigurable components. In 2016, some researchers achieved “abundance
improvement” in the measurements by rotating the aperture in a MCI system [14]. The rotation
significantly reduces the mutual coherences in the measurements, improving the imaging performance
at the expense of a simple mechanical movement. This illuminating work implies that mechanical
rotations can be a practicable approach to the coherence reduction at an acceptable cost. Recently,
a very innovative aperture with reconfigurable chaotic cavity was proposed, in which the boundary of
the cavity is tuned by switching on/off the fluorescent lamps inserted into the cavity as reconfigurable
plasma scatters [15]. The switching status of the lamps brings additional degrees of freedom in the
generation of the excitation diversity, which therefore relaxes the requirement of high Q factors.

In a similar way to the above-mentioned approaches, element polarizations, as configurable variables
of apertures, also possess a potential of offering additional degrees of freedom in the generation
of the measurements. In 2018, a frequency-polarization-diverse aperture (FPDA) is proposed for
MCI [16], which is the first time the PD of aperture elements is taken into consideration for the
coherence reduction. The FPDA is a reflective aperture that is composed of polarization sensitive cells
with different resonant frequencies and polarization arrangements, thus generating more uncorrelated
measurements when rotating the aperture under a fixed illumination. However, the researchers did not
implement further investigation on the formulation of the PD’s benefit, leaving a research gap about this
issue. According to [17], antenna’s polarizations at most double the electromagnetic degree of freedom
for a two-dimensional (2D) imaging scenario, which permits more information being interrogated via
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measurements. Therefore, this research gap is well worth investigating.
The intention of this paper is to give an electromagnetic formulation of aperture elements’ PD

and investigate its benefit in the coherence reduction of the measurement matrix. In the 2D imaging
scenario under consideration, we illuminate a fixed scattering FDA composed of arbitrarily polarized
elements with vertically and horizontally polarized plane waves respectively, in order to conveniently
alter the intensity of element excitations via the polarization of illumination. By modeling the aperture
into an electric dipole expansion, we formulate the generation of the measurements with the PD being
an independent variable. The formulation shows that the emergence of the PD brings an additional
degree of freedom in the measurements when altering the polarization of illumination, thus enabling a
potential of reducing the coherences in the measurement matrix. Two cELC scattering apertures which
only differentiate in the polarization of elements (with or without PD) are fabricated for validation. A
set of comparisons yielded by the near-field scanning data obtained in a microwave anechoic chamber
validates that under the illuminations with varying polarizations, the PD is capable of significantly
reducing the mutual coherences in the measurement matrix, and thus improves the reconstruction
performance of MCI.

This paper is organized as follows. In Section 2, we briefly introduce the imaging model of MCI, and
then give the electromagnetic formulation. The validation of the proposed formulation is demonstrated
in Section 3, where the comparisons are also presented. In the end, the conclusions are given in Section 4.

2. THEORY

In this section, a brief review of the electromagnetic model of MCI is presented as a prelude, then we
give the electromagnetic formulation of the PD’s influence on the measurement matrix’s coherences.

2.1. Electromagnetic Model of MCI

The 2D imaging scenario under consideration is shown in Figure 1, where an arbitrary scattering array
aperture is placed as a transmitting/receiving antenna stimulated by the illumination of plane waves.
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Figure 1. Imaging scenario under consideration.

In this scenario, the scattering aperture represents an idealized model of a scattering structure
which is composed of lossless dielectric materials and perfectly conducting objects. The region of
interest (ROI) where the probed object (the capital letter ‘A’) is located is illuminated by the scattering
fields of the scattering aperture. Ssca and SROI denote the region of the scattering aperture and the
ROI, respectively. It should be noted that the configuration in the scenario is specifically modified for
our following formulation of the PD, while in the general MCI model the scattering aperture and the
plane-wave illumination are replaced with general transmitting/receiving antennas.
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When an object in the ROI is under the illumination radiated from the transmitting aperture, the
induced currents of the object act equivalently as a secondary radiation source, scattering back to the
receiving aperture. Ignoring the scattering from the receiving aperture, the reciprocity of antennas yield
the echoes by the dot product of the scattering field radiated from the object and the virtual electric
current of the receiving aperture when it is used for transmitting. Combined with the reciprocity of
Green’s function in free space, the above-mentioned process formulates the electromagnetic model of
MCI as a nonlinear Fredholm integral equation of the first kind [3]:

g = Hx := − jk0

Z0

∫
SROI

[
εr

(
�r′′

)
− jσ (�r′′)

ωε0
− 1

]
�E

(
�r′′

)
· �ERx

(
�r′′

)
d2�r′′ (1)

where g is the echo; H is the integral operator; x:=εr(�r′′) − jσ(�r′′)/ωε0 − 1 is the “contrast function”
of the object; k0 and Z0 are the spatial frequency and the wave impedance in free space; εr and σ are
the relative permittivity and the conductivity of the object; �E is the total field excited by the incident
field �Einc; and �ERx is the virtual field when the receiving antenna is excited by a normalized feed. It
is worth mentioning that Equation (1) can also be yielded via the volume integral equation in inverse
scattering problems combined with the formulation of the receiving antenna. From the view of inverse
scattering imaging, MCI shares the same formulation, but additionally considering the reciprocity of
receiving antennas.

In Equation (1), the object is represented by x, which is the objective of reconstruction. The
integral shows that the object is sampled by the “measurement mode” h, which is defined as the dot
product of the fields �E · �ERx. Ignoring the constants in Equation (1), the “measurement matrix” H can
be yielded as H in finite-dimensional form. The rows of H are composed ofe h that is discrete in the
ROI, while each row corresponds to a measurement. For most MCI applications where measurements
are implemented by a frequency sweep, the number of rows equals the number of the sweep points. The
inverse of H leads to the reconstruction of the object; however, it inevitably encounters two difficulties:
the nonlinearity between x and h, and the ill-posedness in the nature of inverse problems.

The integral kernel in Equation (1), i.e., the measurement mode h := �E·�ERx, is a nonlinear function
of x, thus bringing nonlinearity to the reconstruction of the object. The presence of the object perturbs
�E in the ROI makes �E diverse from �Einc. The perturbation is the root cause of the nonlinearity. The
first-order Born approximation which replaces �E with �Einc is only applicable to weak-scattering objects.
For most inverse scattering problems where the object of interest is of electrically “high-density” and is
comparable in size with wavelength, the nonlinearity is non-ignorable and should be solved by nonlinear
approaches such as Born iterative method [18] and contrast source inversion [19]. However, in microwave
imaging applications where the object is relatively large compared with the wavelength, the first-order
Born approximation maintains acceptable accuracy for reconstruction, because the object’s spatial
details in the scale of wavelength/sub-wavelength are beyond the scope of the imaging of electrically
large objects [20]. Therefore, the first-order Born approximation is adopted in our formulation, which
makes H a linear operator and thus linearizes the reconstruction. For the rest of this paper, H and H
are respectively regarded as a linear operator and a linear matrix of x by default.

The operator H is compact since h is a smooth and bounded function. However, the inverse of H is
non-compact due to the unbounded eigenvalues of the inverse operator [21], which brings ill-posedness
to the reconstruction. In matrix form, the ill-posedness leads to rank deficiency of H, making its
inverse unstable in the presence of noise and hence deterring the reconstruction. In order to ameliorate
the ill-posedness, it is crucial to orthogonalize the measurements and enlarge the number of the bases
spanning the measurement space, which necessarily requires to minimize the mutual coherences between
the measurement modes:

min
〈
hi

(
�r′′

)
hj

(
�r′′

)〉
for i �= j (2)

In Equation (2), angle bracket 〈 〉 denotes the coherence calculation.
As previously introduced, FDA is a major option of antennas for MCI due to its frequency-varying

“quasi-random” radiation patterns. It would be of great interest if there are other approaches reducing
the coherences without extra heavy burden on hardwares. The PD of aperture elements gives diverse
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radiation patterns under proper illuminations, which just meets the requirement. Next, we will formulate
the PD’s influence on the coherences.

3. FORMULATION OF THE POLARIZATION DIVERSITY

In order to explicitly formulate the influence of the PD, we start with the relationship between the
radiated fields in the ROI and apertures. This is intended to relate the polarization arrangement of
the aperture elements shown in Figure 1 to the measurement mode h. By utilizing the spatial spectral
expansion of Green’s dyad in [22], the authors of [3] formulate h with the spatial spectrum of aperture’s
equivalent radiation source (i.e., the source in k-space). It shows that the fields in the Fraunhofer region
of a radiation source can be yielded by the source’s spectrum at a stationary point in the k-space. In
other words, the space in Fraunhofer region is bijective to the k-space, decomposing the fields in the
ROI into a set of plane waves. This relationship can be extended to a more general situation, in which
Fresnel diffraction corresponds to a fractional Fourier transform of radiation sources, and it evolves to
a conventional Fourier transform with the range increasing into Fraunhofer region (details can be found
in [23, 24]).

According to [3], by utilizing the bijective relationship, h can be formulated with the source’s
spectrum which is constrained by a spectral low-pass filter formed by the finite angle of view (AOV) in
the scenario:

h
(
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(
�kxy

)]
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(3)

where �Jm is the equivalent magnetic current density of the scattering aperture under illuminations;
subscript LPF denotes the low-pass filter; Tx and Rx denote transmitting and receiving, respectively;
and the tilde denotes the 2D spectrum in the transverse dimensions x-y.

Magnetic current �Jm arises from the aperture elements being illuminated by the plane waves, and
it appears as a result of electromagnetic equivalence theorem. Equation (3) is formulated as a function
of magnetic currents due to the convenience in formulation of most apertures applied for MCI with
complementary structures. This does not reduce the generality of our formulation, since another form
of Equation (3) with electric currents being a variable can be found in [3], and similar results can be
obtained via electromagnetic duality.

Equation (3) implies that the PD’s influence on h can be formulated with �Jm being modeled as a
function of aperture element polarizations. Generally, �Jm can be yielded by the dot product of magnetic
susceptibility ↔

χm and magnetic field �H, while for an aperture fabricated with dielectric, magnetic
and perfectly conducting objects in electrically small dimensions, the aperture can be approximated
by a dipole expansion [25]. Most apertures applied to MCI are composed of radiating elements in
sub-wavelength scales, thus making the dipole expansion a good assumption. Hence, the aperture’s
equivalent magnetic susceptibility ↔

χm can be replaced with f p̂cellp̂cell, where f is the frequency response
of the approximated dipole, and p̂cell is the unit vector of its polarization. Then it gives:

�Jm (�r) ≈ −jωμ0Δs−1↔
χm (�r) · �H (�r)≈− jωμ0Δs−1f (�r) p̂cell (�r) p̂cell (�r) · �H (�r) (4)

where Δs is the discrete area of a dipole.
Recall the formulation of the scattering field �Hsca by the integral of a Green’s dyad

↔
G and �Jm:
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Considering that the total field �H is composed of �Hinc (i.e., the plane-wave illumination) and �Hsca, the
combination of Equations (4) and (5) gives a linear relationship between the polarization of �Hinc and
�H:
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where p̂inc is the unit vector of �Hinc; δ is a Dirac delta function; and Tsca is the operator of this integral. It
should be noted that �Hinc has been replaced with p̂inc in Equation (6) with the intention of highlighting
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the polarization as an independent variable. The replacement does not affect the formulation since the
amplitude and the phase of �Hinc only contribute to a complex constant in the equation.

In order to apply Equations (6) to (4), an inversion of Tsca is needed, which gives:

�H (�r) ∝
(
T †

scap̂inc

)
(�r) (7)

where T †
sca is the inverse operator of Tsca. Combining Equation (7) with (4) leads to:

�Jm (�r) ∝ −jωμ0Δs−1f (�r) p̂cell (�r) p̂cell (�r) ·
(
T †

scap̂inc

)
(�r) (8)

Since p̂cell is determined by aperture element polarizations, Equation (8) formulates the relationship
between �Jm and the element polarizations under the illumination of p̂inc. The PD of the aperture is
then defined as the spatial diversity of p̂cell.

Before we relate Equation (8) to (3), it would be convenient to define the following functions with
the purpose of yielding a concise formulation:
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where all the polarization vectors are expressed in terms of angle θ which is defined in x-y plane
as shown in Figure 1, and T †

scap̂inc is then decomposed into the amplitude H†
inc and the unit vector

[ cosθ†inc sinθ†inc
]T. It should be noted that cosθ and sinθ are spatial functions varying over the

aperture. Consequently, a function P , which indicates the excitation intensity of a dipole and thus
embodies the PD, can be defined as shown in Equation (9). Combining with Equation (9), applying 2D
spatial Fourier transformation F2D in the transverse dimensions to Equation (8) yields:
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where ∗ denotes convolution in the k-space, and:
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Generally, θ†inc is determined by both �Hinc and the elements, as stated in Equation (7). However, for most
apertures composed of weak-scattering elements, the polarization angle of p̂inc is a good approximation
to θ†inc. The exact determination of �H, as another inverse problem irrelevant to our formulation, is
beyond the scope of this paper.

Apply Equation (10) to (3), then it yields h as a function with P̃ :
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and specifically, for the case that the aperture is used for both transmitting and receiving (i.e., full-
duplex):

h
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In Equations (14) and (15), h is formed by two sets of uncorrelated functions with ˜cos θ and ˜sin θ

respectively, because P̃ varies with p̂inc given that the aperture elements are diversely polarized. The
PD functions as a modulation to h via P̃ . Combining with Equation (2), this additional diversity makes
h vary with the polarization of illumination, hence it enables a potential of reducing the coherences in
the measurements.

In order to highlight the significance of the PD, it is of interest to make a comparison between
two h generated respectively by the apertures with and without the diversity. It is worth mentioning
that conventional apertures also suit the no-polarization-diversity situation in this comparison even
if they are not scattering apertures, because the difference in excitation modality does not alter the
essential of the problem under discussion. In conventional configurations, the aperture elements are
unitarily polarized, making θcell fixed to 0. This makes P equivalently independent of the illumination
polarization, because the alteration of p̂inc only contributes to a factor that is ignorable due to its
invariance in space:
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For simplification of the comparison, consider the full-duplex situation. Combining with Equation (16),
Equation (15) for conventional configurations degenerates to:
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By comparison with Equation (13), Equation (15) shows that the two sets of uncorrelated functions
degenerate when P̃ evolves to a function unrelated to p̂inc. In other words, the additional degree of
freedom in the generation of h disappears together with the PD.

As shown in Equations (14) and (15), P̃ plays an important role in the formulation of the PD.
Therefore, in order to further illustrate the influence of the diversity, a numerical evaluation of P̃ is
performed as follows: with the aim of simplifying the evaluation, the function P of a one-dimensional
aperture that is composed of elements with polarization angles being randomly distributed in [−π, π]
is computed, while the weak-scattering assumption of elements is also adopted, hence making H†

inc in
Equation (9) an ignorable constant. Applying discrete Fourier transformation gives P̃ in matrix form,
denoted as P , of which the row and column indexes respectively correspond to the k-space with the
discrete number of M , and the polarization angles of illumination with the discrete number of N :
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)

⎤
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The polarization angle of illumination also varies within [−π, π]. Each column of P corresponds to a
function P̃ that is discrete in the k-space with a specific polarization of illumination. Since the column
coherences of P intuitively illustrate the additional diversity brought by the PD, as an indication of
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Figure 2. Amplitude of the Gramian matrix of P .

column coherences, the Gramian matrix of P is evaluated with its amplitude being visualized as shown
in Figure 2.

The Gramian matrix appears with a diagonal pattern, which indicates significant autocorrelation
among the column vectors of P . Due to symmetry, a periodicity of π emerges in the diagonal pattern,
which is in accordance with the conclusion in [14] that the maximum rotation angle reducing the mutual
coherences in H approximately saturates to 180 degrees. Obviously, P evolves to an all-ones matrix
when the element polarizations are aligned to one and the same direction, because in that case P̃

degenerates to a function that is constant in the k-space. Therefore, from the view of P ’s coherence
property, the PD of the elements makes P̃ vary and distinguish with each other when altering the
polarization of illumination.

Before ending up this section, it is worth briefly discussing the limitation of the proposed
formulation. Due to the presence of the convolutions in k-space, a further decomposition of
Equations (14) and (15) seems to be quite difficult. Hence, it fails to isolate P and give an explicit
formulation on how the mutual coherences in Equation (2) are reduced by introducing PD to aperture
elements. However, the emergence of P̃ gives an additional degree of freedom in the generation of
h, providing a potential of generating more incoherent h by making it vary with the polarization of
illumination. From the view of spectral analysis, the new variable possesses the ability of expanding
singular values and singular vectors of H. Although further analysis of Equations (14) and (15) is still
needed, a coherence reduction by the PD will be observed in the following validation in the next section.

4. VALIDATION

In order to validate the proposed formulation, a set of comparisons between two sets of H respectively
generated by two cELC array apertures that is with or without the PD of aperture elements is
implemented. These H are numerically generated by the fields in the ROI according to Equation (1),
while the fields are obtained via near-field scanning of the apertures in a microwave anechoic chamber.
Equivalent magnetic currents of the apertures, average mutual coherences and singular value spectrum
of H, and point spread function (PSF) as an imaging evaluation, are respectively observed with the
PD and imaging range being two independent variables. The experimental setup and the results are
elaborated as follows.
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4.1. Experimental Setup

A 400mm ∗ 400 mm “random dual-polarizations” cELC array is fabricated as a testing aperture. As
shown in Figure 3, this aperture is in common with a typical cELC array that is composed of weak-
coupling radiating elements with resonant frequencies determined primarily by the length of the slit in
the middle of the element [9], but is also distinguished by the random vertical/horizontal polarizations
of the elements. The resonant frequencies of the elements are randomly selected within the range from
27.5 GHz to 34 GHz, while the polarizations are also randomly selected between vertical and horizontal.

Figure 3. Enlarged view of the cELC array composed of cELC elements with random dual-
polarizations. The polarization is randomly configured to vertical or horizontal.

For comparison, we also fabricate a conventional cELC array aperture, of which every configuration
is completely identical to the testing one, except the polarizations of elements: all the elements of this
aperture are placed vertically, i.e., unitarily polarized.

As a scattering aperture, the two arrays are sequentially placed in a microwave anechoic chamber
under the illumination of an open-ended waveguide (OEWG), which is placed a few meters away from
the aperture as a generator of plane waves. A near-field probe scans on the other side of the aperture
(backside of the illumination). The schematic diagram and actual scenario are shown in Figures 4(a) and
(b), respectively. For each aperture, we perform two scannings, while in each scanning the polarization
of the OEWG is set to vertical or horizontal in sequence. Therefore, the only difference between the
scannings of the two apertures is the polarization configuration of aperture elements.

OEWG

Rotation in x-y plane: 
Vertical / Horizontal

cELC Arrayz

y

x

(a) (b)

Figure 4. Near-field scanning in a microwave anechoic chamber: (a) schematic diagram; (b) actual
scenario.
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A frequency sweep is performed from 27.5 GHz to 34 GHz with the interval of 200 MHz. The interval
of the spatial scanning is 4 mm, which satisfies the requirement of Nyquist sampling at the frequency
of 34 GHz.

With the consideration of reducing the interference of the diffraction from the edges and shortening
the scanning time, the scanning area is set to a 200mm∗200 mm square at the center of the aperture and
a few millimeters away from the surface. According to surface equivalence theorem, the fields radiated
by the aperture can be yielded by the equivalent magnetic currents in the scanning plane S, i.e., the
cross product of the normal vector n̂ and the tangent electric field measured by the probe �Eprob:

�Einc

(
�r′′

)
=

∫
S
∇′′G0

(
�r′′,�r′

)
×

[
n̂× �Eprob

(
�r′

)]
d2�r′ (19)

where G0 is Green’s function in free space. In this validation, the aperture is configured in full-duplex
mode for simplification of setup. Therefore, a row of H can be numerically generated by the square of
the electric field in the ROI: E2

inc, at a discrete point of the frequency sweep, according to Equation (1).
The ROI is set to a square with the same size of the scanning area, while the square and the area are
coaxial as shown in Figure 1, and the imaging range z varies.

(a)

(b)

Figure 5. Equivalent magnetic current of the randomly dual-polarized aperture stimulated by an
incident plane field with (a) vertical polarization, and (b) horizontal polarization, respectively. The
diagrams on the right are the magnified views of the currents at the center.
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5. RESULTS

Firstly, a comparison of the equivalent magnetic currents is performed. A pair of vector diagrams of
the testing aperture’s equivalent magnetic current at the frequency of 30 GHz under the illuminations
of vertical and horizontal polarization respectively is shown in Figure 5.

The result shows that the polarization of the magnetic current is basically in the same direction
with the polarization of illumination, validating that the magnetic susceptibility tensor of the elements
is diagonal. The intensities of the currents under illuminations with different polarizations demonstrate
obvious differences in spatial distribution. The spatial diversity of the magnetic currents implies a
potential of increasing diversity in the measurements.

Next, the electric fields are propagated to the ROI according to Equation (19), giving a frequency-
sweep based H. As a convenient indicator, the average mutual coherence μg [26]:

μg =

∑
i�=j

∣∣∣∣∣
[

ˆ
H

∗ ˆ
H

]
ij

∣∣∣∣∣
2

NROI (NROI − 1)
(20)

is observed to evaluate the coherence level of H (NROI is the number of discrete grids in the ROI), while
the varying range serves as an independent variable, as shown in Figure 6.

Figure 6. Comparison of the average mutual coherences of the measurement matrices respectively
generated by the unitarily polarized aperture and randomly dual-polarized aperture.

The significant gap between the two curves shows that the coherence level of H is obviously
reduced by the PD of aperture elements. More specifically, in the near-field region, the reduction
of the coherences is very explicit, while with the increasing of imaging range, in the far-field region, the
coherence level increases, and the reduction becomes relatively insignificant. The trend of the coherences
growing with the increase of imaging range coincides with the shrinking spectral low-pass filter yielded
by the AOV [3]. Figure 6 validates that the additional degree of freedom brought by the PD reduces
the mutual coherences in H, while the benefit is subject to the finite AOV.

Finally, singular value decomposition is applied to H at the imaging range of 0.2 m and 2.0 m,
respectively, giving the singular spectrum of the matrices as shown in Figure 7. “Uni” and “Rnd” in the
legend denote the unitarily polarized aperture and the testing aperture, respectively. At the range of
0.2 m, the singular spectrum of the testing aperture is significantly improved compared with the “Uni”
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Figure 7. Comparisons of the singular spectra and the PSFs. “Uni” and “Rnd” denote the unitarily
polarized and randomly dual-polarized aperture respectively, while z is the imaging range. The subplot
at the upper right corner is the comparison of the PSFs respectively generated by the two apertures at
the range of 0.2 m with the SNR of 30 dB. The reconstruction algorithm is TwIST.

one, while at the range of 2.0 m, the improvement is still discernable but less significant. The comparison
of the singular spectrum proves that the effective singular values and corresponding singular vectors
can be expanded by the PD of aperture elements. The improvement of singular system corroborates to
the coherence reduction.

In order to visualize the improvement brought by the PD, PSF, which is the reconstruction of a
point object in the center of the ROI, is generated by implementing virtual imaging experiment with
the H at the imaging range of 2.0 m (in correspondence to the singular spectrum at the same range, as
shown in Figure 7). The experiment is implemented with a signal-to-noise ratio (SNR) of 30 dB. Since
the matrix equation of Equation (1) for the imaging scenario is very underdetermined, a compressed-
sensing based reconstruction algorithm, TwIST [27], is implemented for the inversion. The results are
shown at the upper right corner of Figure 7. Although the spatial resolutions of the PSFs are almost
identical, the emergence of speckles with the PSF of the unitarily polarized aperture shows that the ill-
posedness is significantly worse than the PSF of the testing aperture, indicating that the reconstruction
performance of H is improved by the PD.

In summary, the comparisons of coherence level, singular spectrum, and PSF of H validate that
the PD of aperture elements is capable of reducing the mutual coherences in the measurements and
thus improves the reconstruction performance of MCI.

6. CONCLUSIONS

An electromagnetic formulation of the PD of scattering aperture elements on the measurement matrix’s
coherence reduction is presented. The PD gives a new degree of freedom in the generation of the
measurements, which effectively reduces the coherences in the measurement matrix given illuminations
with varying polarizations. The improvement brought by the PD weakens with the increasing of imaging
range. The proposed formulation is validated by the near-field scanning of two cELC apertures with
and without the PD respectively.
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